
 
 
 

öĀćüĉì÷ćúĆ÷đìÙēîēú÷ĊÿčøîćøĊ 
×šĂÿĂïðøąÝĞćõćÙ  õćÙÖćøýċÖþćìĊę  3/2554 

 
 

øĀĆÿüĉßć 103102                                     ßČęĂüĉßć CALCULUS II 
ÿĂïüĆîĂĆÜÙćøǰìĊęǰ��ǰđéČĂîǰđöþć÷îǰó.ýǰǰ255�  đüúćǰǰ�.00-1�.00ǰî. 
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ÙĞćßĊĚĒÝÜ  :    
1. ×šĂÿĂïöĊǰ2 ÿŠüîǰÿŠüîìĊęĀîċęÜǰđðŨî×šĂÿĂïðøîĆ÷öĊÝĞćîüî 20 Āîšć 	øüöðÖ
 �� ×šĂ ×šĂúą 1 ÙąĒîî 
øüö �� ÙąĒîî ÿŠüîìĊęÿĂÜǰđðŨî×šĂÿĂïĂĆêîĆ÷öĊÝĞćîüîǰ3ǰĀîšćǰ	øüöðÖ
ǰ1ǰ×šĂǰ��ǰÙąĒîîǰøüöÙąĒîî
ìĆĚÜÿĉĚîǰ�0 ÙąĒîî 
2. ×šĂÿĂïðøîĆ÷ĒêŠúą×šĂÝąöĊêĆüđúČĂÖ 5 êĆüđúČĂÖ ÝÜđúČĂÖêĆüđúČĂÖìĊęëĎÖìĊęÿčéđóĊ÷Ü×šĂđéĊ÷üđóČęĂøąïć÷úÜ
ĔîÖøąéćþÙĞćêĂï Öćøøąïć÷ÙĞćêĂïöćÖÖüŠć 1 ÙĞćêĂïĔî×šĂîĆĚîÝąëČĂüŠć ×šĂîĆĚîêĂïĕöŠëĎÖêšĂÜ 
3. éĉîÿĂìĊęÝąĔßšøąïć÷êšĂÜđðŨîéĉîÿĂìĊęöĊøąéĆïÙüćöđ×šöđìĊ÷ïđìŠćĀøČĂöćÖÖüŠć 2B 
4. îĆÖýċÖþćÿćöćøëìéúÜĔî×šĂÿĂïĕéš 
5. ĔĀšîĆÖýċÖþćđ×Ċ÷î ßČęĂ � ÿÖčú, đú×ðøąÝĞćêĆü Ēúą đú×ìĊęîĆęÜÿĂï úÜĔî×šĂÿĂïìĆĚÜÿĂÜÿŠüî óøšĂöìĆĚÜ
đ×Ċ÷îßČęĂ � ÿÖčú, đú×ðøąÝĞćêĆü Ēúą đú×ìĊęîĆęÜÿĂï óøšĂöìĆĚÜøąïć÷øĀĆÿîĆÖýċÖþćĒúąüĉßć úÜĔî
ÖøąéćþÙĞćêĂïĔĀšđøĊ÷ïøšĂ÷ 
6. ĕöŠĂîčâćêĔĀšîĞćđĂÖÿćøĒúąđÙøČęĂÜÙĞćîüèĔé ė đ×šćĀšĂÜÿĂïîĂÖÝćÖïĆêøðøąÝĞćêĆüîĆÖýċÖþć 
7. ĀšćöîĆÖýċÖþćîĞć×šĂÿĂïĂĂÖÝćÖĀšĂÜÿĂïēé÷đéĘé×ćé 
8. ĔîÖćøÿŠÜ×šĂÿĂïĒúąÖøąéćþÙĞćêĂïǰ ĔĀšĒ÷Ö×šĂÿĂïÿŠüîìĊęĀîċęÜĒúąÿŠüîìĊęÿĂÜĂĂÖÝćÖÖĆîǰ ĒúąìĞć
ÖćøÿŠÜĔĀšÖøøöÖćøêćöìĊęÖĞćĀîé 
 

Āšćöđðŗé×šĂÿĂïÖŠĂîĕéšøĆïĂîčâćê 
 
 
 
 

ÿŠüîìĊęĀîċęÜ 
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�. ÙŠć×ĂÜðøĉóĆîíŤǰǰ 2  x dx   đìŠćÖĆïđìŠćĔé 
 (1) ln 2x c  

(2)  ln 2 2x c  

(3) 2

ln 2

x

c  

(4) 2

2

x

c  

(5)  ln 2

2

x

c  
 

�. ÙŠć×ĂÜðøĉóĆîíŤǰǰ 22sec ( ) x x dx   đìŠćÖĆïđìŠćĔé 
 (1) 2tan( )x c  

(2) 21
tan( )

2
x c  

(3) 22 tan( )x c  
(4)    2 2sec tanx x c  
(5)    2 2ln sec tanx x c   
 
 

Āöć÷đĀêč   c  đðŨîÙŠćÙÜêĆüĔéė 
 

�. ÙŠć×ĂÜðøĉóĆîíŤǰǰ tan  x dx   đìŠćÖĆïđìŠćĔé 
 (1) 2sec x c  

(2) ln sec x c  
(3) ln sec tanx x c   
(4) sec tanx x c  

(5) 
2

tan
2

x
c  
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ÝÜĔßš×šĂöĎúêŠĂĕðîĊĚêĂïÙĞćëćö×šĂǰ4-5 

óĉÝćøèćÖćøĀćÙŠćðøĉóĆîíŤǰ
2

 
9

x
dx

x
  

�. ×šĂĔéöĊÙŠćđìŠćÖĆïǰ
5

2
0 9

x
dx

x
  

 (1) 0 
 (2) 1 
 (3) 2 
 (4) 3 

(5) 4 

�. ×šĂĔéöĊÙŠćđìŠćÖĆïǰ
3

2
5

9

x
dx

x
  

 (1) 0 
 (2) 1 
 (3) 2 
 (4) 3 

(5) 4 
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ĂćÝćø÷ŤñĎšÿĂî�...................................  

 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 

ÝÜĔßš×šĂöĎúêŠĂĕðîĊĚêĂïÙĞćëćö×šĂǰ�-� 

óĉÝćøèćÖćøĀćÙŠćðøĉóĆîíŤǰ 2

1

1
dx

x  

6. ×šĂĔéöĊÙŠćđìŠćÖĆïǰ
1

2

0

1

1
dx

x  

 
 (1) 

8

  

 (2) 
6

  

 (3) 
4

  

 (4) 
3

  

(5) 
2

  

7. ×šĂĔéöĊÙŠćđìŠćÖĆïǰ 2

1

1

1
dx

x



  

 
 (1) 

8

  

 (2) 
6

  

 (3) 
4

  

 (4) 
3

  

(5) 
2
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ÝÜĔßš×šĂöĎúêŠĂĕðîĊĚêĂïÙĞćëćö×šĂǰ8-�� 

óĉÝćøèćÖćøĀćÙŠćðøĉóĆîíŤĕöŠêøÜĒïï
2 2

2 2

1 1 1

( ) ( )1 2

c

c
dx dx dx

f x g xx 
 


    

1�. ÙŠć×ĂÜǰ c  ìĊęðøćÖäĔîÖćøĀćðøĉóĆîíŤÙüøđðŨîđìŠćĔé 
 (1) -� 

 (2) 
2

1
  

 (3) 0 

 (4) 1

2
 

 (5) � 
 

�. ôŦÜÖŤßĆîǰ ( )f x  ìĊęðøćÖäĔîÖćøĀćðøĉóĆîíŤÙüøđðŨîđìŠćĔé 
 (1) 1 2x  
 (2) 1 2x  
 (3) 2 1x   
 (4) 2 1x   
 (5)  2

1 2x  
 

�. ôŦÜÖŤßĆîǰ ( )g x  ìĊęðøćÖäĔîÖćøĀćðøĉóĆîíŤÙüøđðŨîđìŠćĔé 
 (1) 1 2x  
 (2) 1 2x  
 (3) 2 1x   
 (4) 2 1x   
 (5)  2

1 2x  
 



 

 

ĀîšćìĊęǰ6/20 

ßČęĂ - ÿÖčú..........................................................đú×ðøąÝĞćêĆü..................................đú×ìĊęîĆęÜÿĂï........................... 
øĀĆÿüĉßć 103102  ßČęĂüĉßć CALCULUS II    ĂćÝćø÷ŤñĎšÿĂî  ñý. éø.đÝþãć  êĆèæîčß 
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ÝÜĔßš×šĂöĎúêŠĂĕðîĊĚêĂïÙĞćëćö×šĂǰ11 � 1� 
óĉÝćøèćÿöÖćøìøÜÖúö 
     2 2 2 4 2 cos 2 2 sin 2 0x y z x y z d       , đöČęĂǰ d  đðŨîÝĞćîüîÝøĉÜĔéǰė 

11. ëšćÝčéǰ 0 0 0( , , )x y z  đðŨîÝčéýĎî÷ŤÖúćÜ×ĂÜìøÜÖúöéĆÜÖúŠćüǰÝÜĀćÙŠćǰ 0 0 0· ·x y z  ( 0x ÙĎè 0y ÙĎè 0z ) 
(1) 0  

 (2) sin1 
 (3) sin 2  
 (4) sin 3  
 (5) sin 4  

12. ëšćìøÜÖúöéĆÜÖúŠćüöĊøĆýöĊđìŠćÖĆïǰ2ǰÙŠćǰ d  ÝąöĊÙŠćđìŠćÖĆïđìŠćĔé 
(1) 1 

 (2) � 
 (3) � 
 (4) � 
 (5) � 
 

13. ëšćÿöÖćøéĆÜÖúŠćüöĊÙŠćǰ 4d   ìøÜÖúööĊÙŠćøĆýöĊđìŠćÖĆïđìŠćĔé 
(1) 1 

 (2) � 
 (3) � 
 (4) � 
 (5) � 
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ĂćÝćø÷ŤñĎšÿĂî�...................................  

 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 

15. ÙŠć×ĂÜǰ y z  ÝąđìŠćÖĆï×šĂĔé 
 
 (1) 0 
 (2) 1 
 (3) 2 
 (4) 3 
 (5) 4 

ÝÜĔßš×šĂöĎúêŠĂĕðîĊĚêĂïÙĞćëćö×šĂǰ15 � 16 
ÖĞćĀîéĔĀš 
  , , , , 2 2,1, 1 9,6,3x y x y x y z       

16. ÙŠć×ĂÜǰ x z  ÝąđìŠćÖĆï×šĂĔé 
 
 (1) 0 
 (2) 1 
 (3) 2 
 (4) 3 
 (5) 4 
 

��. ÖĞćĀîéĔĀšđüÖđêĂøŤ u  ĒúąđüÖđêĂøŤ v  ĕöŠ×îćîÖĆîĒúąĕöŠđðŨîđüÖđêĂøŤ 0
  ìĆĚÜÿĂÜđüÖđêĂøŤ 

     ×šĂĔéêŠĂĕðîĊĚÿøčðëĎÖêšĂÜ 
 (1) v (v v) 0   
 (2) (v u) (v u)=0   
 (3) (u v) (v u)=0   
 (4) (v u) u=0 

  
 (5) v (u v)=0 
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ÝÜĔßš×šĂöĎúêŠĂĕðîĊĚêĂïÙĞćëćö×šĂǰ17 � 18 
ÖĞćĀîéĔĀš 3,1,6u    Ēúąǰ 3, 4, 2v      

17. ÝÜĀćđüÖđêĂøŤõćóÞć÷×ĂÜđüÖđêĂøŤ u ïîđüÖđêĂøŤ v  ( vproj u ) 

 (1) 3 1 6
, ,

29 29 29
   

 (2) 3 1 6
, ,

29 29 29
  

 (3) 3 4 2
, ,

29 29 29
   

 (4) 3 4 2
, ,

46 46 46
   

 (5) 3 4 2
, ,

46 46 46
  

18. ÝÜĀćđüÖđêĂøŤÿŠüîðøąÖĂï×ĂÜđüÖđêĂøŤ u  àċęÜêĆĚÜÞćÖÖĆïđüÖđêĂøŤ v  

 (1) 141 50 274
, ,

46 46 46
  

 (2) 84 28 168
, ,

29 29 29
  

 (3) 90 30 180
, ,

29 29 29
  

 (4) 84 25 176
, ,

29 29 29
  

 (5) 90 33 172
, ,

29 29 29
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20. đöČęĂǰ 4,2,3u=    ǰðøĉöćêø×ĂÜìøÜđĀúĊę÷öéšćî×îćîǰöĊÙŠćđìŠćÖĆïđìŠćĔé 
 (1) �ǰúĎÖïćýÖŤĀîŠü÷ 

(2) �ǰúĎÖïćýÖŤĀîŠü÷ 
(3) �ǰúĎÖïćýÖŤĀîŠü÷ 
(4) 5 úĎÖïćýÖŤĀîŠü÷ 
(5) 6 úĎÖïćýÖŤĀîŠü÷ 

19. đöČęĂǰ 5, 2,3u=   ǰðøĉöćêø×ĂÜìøÜđĀúĊę÷öéšćî×îćîǰöĊÙŠćđìŠćÖĆïđìŠćĔé 
 (1) �ǰúĎÖïćýÖŤĀîŠü÷ 

(2) �ǰúĎÖïćýÖŤĀîŠü÷ 
(3) �ǰúĎÖïćýÖŤĀîŠü÷ 
(4) 5 úĎÖïćýÖŤĀîŠü÷ 
(5) 6 úĎÖïćýÖŤĀîŠü÷ 

ÝÜĔßš×šĂöĎúêŠĂĕðîĊĚêĂïÙĞćëćö×šĂǰ19-20 
ÝÜĀćðøĉöćêø×ĂÜìøÜđĀúĊę÷öéšćî×îćîàċęÜöĊđüÖđêĂøŤǰ 2,0, 1  3,1,0 ǰĒúąǰu ǰđðŨîÿŠüîðøąÖĂï  

21. ×šĂĔéđðŨîÿöÖćøĂĉÜêĆüĒðøđÿøĉö×ĂÜđÿšîêøÜìĊęñŠćîÝčéǰ(-3,1,5) Ēúąǰ×îćîÖĆïđüÖđêĂøŤǰ 4,2, 3   
(1) 4 3 ,  2 ,  3 5x t y t z t        
(2) 3 4 ,  1 2 ,  5 3x t y t z t        
(3) 4 3 ,  2 ,  3 5x t y t z t       
(4) 3 4 ,  1 2 ,  5 3x t y t z t        
(5) 4 3 ,  2 ,  2 5x t y t z t          
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23. ×šĂĔéđðŨîÿöÖćøĂĉÜêĆüĒðøđÿøĉö×ĂÜđÿšîêøÜìĊęñŠćîÝčéǰ(-3,1,5) Ēúąǰ×îćîÖĆïđÿšîêøÜ 

     7 2
2 3 , 2 2 3 3 ,

2 3
x t y t z t       

 
(1)  3 3 ,  1 9 ,  5 2x t y t z t        
(2) 3 3 ,  1 9 ,  5 2x t y t z t         
(3) 3 3 ,  1 9 ,  5 2x t y t z t        
(4) 3 3 ,  1 9 ,  5 2x t y t z t         
(5) 3 3 ,  1 9 ,  5 2x t y t z t        

 

�4. ×šĂĔéđðŨîÿöÖćøĂĉÜêĆüĒðøđÿøĉö×ĂÜđÿšîêøÜìĊęñŠćîÝčéǰ 1 1 1
, ,

2 3 4
 
 
 

 ĒúąǰÝčé 1 1 1
, ,

5 6 7
 
 
 

  

(1) 1 1 1 1 1 1
,  ,  

2 5 3 6 4 7
x t y t z t       

(2) 1 1 1 1 1 1
,  ,  

5 2 6 3 7 4
x t y t z t       

(3) 1 1 1 1 1 1
,  ,  

2 3 3 3 4 3
x t y t z t       

(4) 1 1 1 1 1 1
,  ,  

5 3 6 3 7 3
x t y t z t       

(5) 1 3 1 1 1 3
,  ,  

2 10 3 6 4 28
x t y t z t       

�2. ×šĂĔéđðŨîÿöÖćøĂĉÜêĆüĒðøđÿøĉö×ĂÜđÿšîêøÜìĊęñŠćîÝčéǰ(1,2,3)ǰĒúąêĆĚÜÞćÖÖĆïøąîćïǰ xy  
(1) 1 ,  2 ,  3x t y t z t       
(2) 1 ,  2,  3x t y z t      
(3) 1,  2 ,  3x y t z     
(4) 1,  2,  3x y z t     
(5) ,  2 ,  3x t y t z t    
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ÝÜĔßš×šĂöĎúêŠĂĕðîĊĚêĂïÙĞćëćö×šĂǰ25-27 
 ĔĀšđÿšîêøÜǰ 1L  đðŨîĕðêćöÿöÖćøǰǰǰǰ 1 : 2 ,    1 2 ,    4 3L x t y t z t       
 ĔĀšđÿšîêøÜǰ 2L  đðŨîĕðêćöÿöÖćøǰǰǰǰ 2 : 1 3 ,    4 ,    2L x t y t z t       

26. ÝčéêĆéøąĀüŠćÜđÿšîêøÜìĆĚÜÿĂÜÙČĂÝčéĔé 
 (1) (4, 3, 2)  
 (2) ( 4, 3, 2)   
 (3) (4, 3, 2)   
 (4) ( 4,3, 2)  

(5) (4,3, 2)  

25. đüÖđêĂøŤĔéêĆĚÜÞćÖÖĆïđÿšîêøÜǰ 1L  ĒúąđÿšîêøÜǰ 2L  
(1) 1,1,1  
(2) 2, 2,2  
(3) 3, 3,3   
(4) 4, 4, 4  
(5) 5,5,5  

27. øąîćïĔéìĊęöĊìĆĚÜđÿšîêøÜǰ 1L  Ēúąǰ 2L  đðŨîÿŠüîðøąÖĂï 
(1) 5x y z    
(2) 10z x y    
(3) 5y z x    
(4) 10x y z    
(5) 5x y z    
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30. ÝÜĀćÿöÖćø×ĂÜøąîćïàċęÜñŠćîÝčéǰ (5, 2,3)  ĒúąêĆĚÜÞćÖÖĆïđÿšîêøÜ 5 4 , 3 , 1 2x t y t z t        
(1) 5 3 34x y z    
(2) 5 2 3 34 0x y z     
(3) 5 2 3 34x y z    
(4) 4 2 12x y z    
(5) 4 2 12 0x y z     

28. ÝčéĔéĂ÷ĎŠïîøąîćïǰ 1

2

x y
z

 
  

(1)  (1, 3,1 3)   
(2)  (2,1 3, 2 3)   
(3)  (2, 2 3 3, 3)  
(4)  (2 3,1, 3)  
(5)  ( 3,1 3, 1 3)    

29.  ÝčéĔéđðŨîÝčéêĆéøąĀüŠćÜøąîćï 2 3 3 0x y z     ĒúąđÿšîêøÜ 2 , 2 , 3 3x t y t z t         
(1) (0, 2, 9)  
(2) (1,1, 4)  
(3) (2,0, 1)  
(4) (3,1,0)  
(5) (4, 2, 1)  
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ÝÜĔßš×šĂöĎúêŠĂĕðîĊĚêĂïÙĞćëćö×šĂǰ�1-�2 
 ĔĀšøąîćïǰ 1P  đðŨîĕðêćöÿöÖćøǰǰǰǰ 1 : 7 4 4 10P x y z    
 ĔĀšøąîćïǰ 2P  đðŨîĕðêćöÿöÖćøǰǰǰǰ 2 : 4 8 4 0P x y z     

31.ǰ×šĂĔéđðŨîÙŠć×ĂÜǰcosine ×ĂÜöčöøąĀüŠćÜøąîćïìĆĚÜÿĂÜ 
ǰ (1) 0 
 (2) 1

2
 

 (3) 2

2
 

 (4) 3

2
 

(5) 1 

32. đüÖđêĂøŤĔé×îćîÖĆîÖĆïđÿšîêøÜìĊęđÖĉéÝćÖÖćøêĆéÖĆî×ĂÜøąîćïìĆĚÜÿĂÜ 
(1) 4,1, 8  
(2) 4, 1,8  
(3) 4,1,8  
(4) 4,1,8  
(5) 4,8,1  
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ÝÜĔßš×šĂöĎúêŠĂĕðîĊĚêĂïÙĞćëćö×šĂ 33-35  
óĉÝćøèćÝčé 1(4, 2,3)P , 2 (5,4,3)P  Ēúą 3 (4, 2,6)P   

33. ÝÜĀćøąîćïìĊęñŠćîÝčé 1P , 2P  Ēúą 3P  
(1) 6 3 4 6 0x y z      
(2) 6 3 4 6x y z    
(3) 3 6 4 6 0x y z     
(4) 3 6 4 6x y z    
(5) 4 3 6 6 0x y z     

34. đüÖđêĂøŤĔéêŠĂĕðîĊĚ×îćîÖĆïøąîćïéĆÜÖúŠćü 
(1) 1, 1, 2  
(2) 2, 4,0  
(3) 3,0, 4  
(4) 4, 2,1  
(5) 1,5, 2  

35. óČĚîìĊę×ĂÜÿćöđĀúĊę÷öìĊęöĊÝčé 1P , 2P  Ēúą 3P  đðŨîÝčéöčöÙČĂ 

(1) 60

2
  êćøćÜĀîŠü÷ 

(2)  61

2
 êćøćÜĀîŠü÷ 

(3) 62

2
 êćøćÜĀîŠü÷  

(4) 63

2
 êćøćÜĀîŠü÷  

(5) 64

2
 êćøćÜĀîŠü÷  
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36.  ĔĀšǰǰ    2 3( )  ln  ln   ln  r i+ j + kt t t t   đðŨîđüÖđêĂøŤêĞćĒĀîŠÜ×ĂÜĂîčõćÙìĊęÖĞćúĆÜđÙúČęĂîìĊę 
 đöČęĂǰ 0t   ĂĆêøćđøĘü×ĂÜĂîčõćÙǰǰèǰǰ 7t    ÙČĂ×šĂĔé 
 
 (1) 1 
 (2) 1

2
 

 (3) 2  
 (4) 1

7
 

(5) 7  

�7.  ĔĀšǰǰ     2( )  2 sin  2 cos    r i+ j + kt t t t   đðŨîđüÖđêĂøŤêĞćĒĀîŠÜ×ĂÜĂîčõćÙìĊęÖĞćúĆÜđÙúČęĂîìĊę 
 đöČęĂǰ 0t   ĂĆêøćđøŠÜ×ĂÜĂîčõćÙǰǰèǰǰ

4
t


   ÙČĂ×šĂĔé 

 
 (1) 1 
 (2) 1

2
 

 (3) 2  
 (4) 1

7
 

(5) 7  
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ÝÜĔßš×šĂöĎúêŠĂĕðîĊĚêĂïÙĞćëćö×šĂ 38-39  
ĔĀš ( )r t  đðŨîôŦÜÖŤßĆîđßĉÜđüÖđêĂøŤēé÷ìĊę 1

( )
2

r t  ǰìčÖėǰÙŠćǰ t  

Ēúą    ( ) 2 sin  2 cos  
r i kd

t t t
dt

   

38. ÝÜĀćÙŠćǰ ( ) ( )
r

r
d

t t
dt
  

(1) 0 
(2) 1 
(3) 2 
(4) 3 
(5) 4 

 

39. ×šĂĔéđðŨîÙŠć×ĂÜǰcosine ×ĂÜöčöøąĀüŠćÜ ( )r t  Ēúąǰ ( )
rd

t
dt

  

 (1) 0 
(2) 1 
(3) 2 
(4) 3 
(5) 4 

 



 

 

ĀîšćìĊęǰ17/20 

ßČęĂ - ÿÖčú..........................................................đú×ðøąÝĞćêĆü..................................đú×ìĊęîĆęÜÿĂï........................... 
øĀĆÿüĉßć 103102  ßČęĂüĉßć CALCULUS II    ĂćÝćø÷ŤñĎšÿĂî  ñý. éø.đÝþãć  êĆèæîčß 
 

ĂćÝćø÷ŤñĎšÿĂî�...................................  

 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 

40.  ÙŠć×ĂÜǰǰ
2 2

( , ) ( , )
4 4

sin sin cos cos
lim  

sin cosx y

x y

x x y y

x y 




  
   ÙČĂ×šĂĔé 

 
 (1) � 
 (2) 1 
 (3) 2  
 (4) 2 1  

(5) 2 1  

42.  ÙŠć×ĂÜǰǰ xxxyxxxf   èǰǰ (0,  1)   đöČęĂǰ ( , )  xyf x y e  ÙČĂ×šĂĔé 
 
 (1) 3 
 (2) 4 
 (3) 5 
 (4) 6 
 (5) 7 

41.  ÙŠć×ĂÜǰǰ
2 2

( , ) ( , )
4 4

sin sin cos cos
lim  

sin cosx y

x y

x x y y

x y 




  
   ÙČĂ×šĂĔé 

 
 (1) � 
 (2) 1 
 (3) 2  
 (4) 2 1  

(5) 2 1  
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ÝÜĔßš×šĂöĎúêŠĂĕðîĊĚêĂïÙĞćëćö×šĂǰ43-45 

ÖĞćĀîéĔĀšǰ
2

32 3
y

z x y
x

   

43.  ÙŠć×ĂÜǰǰ
0t

dz

dt 
  öĊÙŠćđìŠćÖĆïđìŠćĔéǰëšćǰ cos , sin(2 )x t y t   

 (1) 9 
 (2) 6 
 (3) 4 
 (4) 3 

(5) 0 

44. ÙŠć×ĂÜǰǰ
( , ) (1,1)r s

z

r 


   öĊÙŠćđìŠćÖĆïđìŠćĔéǰëšćǰ

2
2, 1

s
x y r s

r
    

 (1) 9 
 (2) 6 
 (3) 4 
 (4) 3 

(5) 1 
 

45. ÙŠć×ĂÜǰǰ
( , ) (1,1)r s

z

s 


   öĊÙŠćđìŠćÖĆïđìŠćĔéǰëšćǰ

2
2, 1

s
x y r s

r
    

 (1) 9 
 (2) 6 
 (3) 4 
 (4) 3 

(5) 1 
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ÝÜĔßš×šĂöĎúêŠĂĕðîĊĚêĂïÙĞćëćö×šĂǰ46-47 

ëšćǰ y  đðŨîôŦÜÖŤßĆî×ĂÜǰ x   ÖĞćĀîéĔĀšǰ   5
ln

2
x y xy    

46�ǰ ÝÜĀćÙŠćǰǰ dy

dx
ǰèǰÝčéǰ 1

, 2
2
 
 
 

 

 
 (1) -2 
 (2) 1

2
  

 (3) 0  
 (4) 1

2
 

 (5) 2 

47�ǰ ÝÜĀćÙŠćǰǰ dy

dx
ǰèǰÝčéǰ 1

2,
2

 
 
 

 

 
 (1) -2 
 (2) 1

2
  

 (3) 0  
 (4) 1

2
 

 (5) 2 
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ÝÜĔßš×šĂöĎúêŠĂĕðîĊĚêĂïÙĞćëćö×šĂǰ48-50 
ÖĞćĀîéĔĀšǰ 2( , , ) 

1

y x
f x y z z

x


 


 

48.  ÙŠćđÖøđéĊ÷îǰ	gradient
ǰ×ĂÜǰ ( , , )f x y z ǰè Ýčéǰ  0,1,1   ÙČĂ×šĂĔé 
 
 (1) 0,1, 2  
 (2) 0, 1, 2  
 (3) 0,1, 2  
 (4) 1,0, 2  

(5) 1,0, 2  

50.  ÿöÖćøøąîćïàċęÜÿĆöñĆÿñĉüēÙšÜ ( , , ) 0f x y z  è Ýčé  0,1,1  ÙČĂ ×šĂĔé 
 
 (1) 2 1z y   
 (2) 2 1y z   
 (3) 2 1 0y z    
 (4) 2 1 0x y    

(5) 2 1x z   

49.  ÙŠć×ĂÜĂčîóĆîíŤ×ĂÜǰ ( , , )f x y z ǰè Ýčéǰ  0,1,1  ĔîìĉýìćÜ×ĂÜđüÖđêĂøŤ 2, 4,4  ÙČĂ×šĂĔé 
 
 (1) -2 
 (2) -1 
 (3) 0 
 (4) 1 

(5) 2 
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×šĂÿĂïðøąÝĞćõćÙǰǰõćÙÖćøýċÖþćìĊęǰ3/255� 
üĉßćǰ103102 Calculus II  (ĒÙúÙĎúĆÿǰ2) 

ÿĂïüĆîĂĆÜÙćøìĊęǰǰ�� đöþć÷îǰó�ý�ǰ255�  đüúćǰ�.00 � 1�.00 î. 
 

ÙąĒîî 
đêĘö ĕéš 
��  

ÙĞćßĊĚĒÝÜǰ: 
1. ×šĂÿĂïÿŠüîìĊęÿĂÜđðŨî×šĂÿĂïĒïïĂĆêîĆ÷ǰǰÝĞćîüîǰ1 ×šĂǰǰøüöǰ�� ÙąĒîî 
2. ×šĂÿĂïöĊÝĞćîüîǰ3 Āîšćǰ(øüöðÖ) 
3. ĔĀšîĆÖýċÖþćĒÿéÜüĉíĊìĞćēé÷úąđĂĊ÷éúÜĔîìĊęüŠćÜìĊęđüšîĕüšĔîĒêŠúą×šĂĔî×šĂÿĂïÞïĆïîĊĚđìŠćîĆĚîǰ 
ĀćÖóČĚîìĊęêĂïĕöŠóĂǰǰĔĀšĔßšéšćîĀúĆÜ×ĂÜĒêŠúąĒñŠîǰĀćÖĕöŠÿćöćøëĂŠćîúć÷öČĂ×ĂÜîĆÖýċÖþćĕéšǰ
ÝąĕöŠìĞćÖćøêøüÝĔî×šĂéĆÜÖúŠćü 

4. ĔĀšîĆÖýċÖþćđ×Ċ÷îǰßČęĂ-ÿÖčúǰǰđú×ðøąÝĞćêĆüǰǰĒúąđú×ìĊęîĆęÜÿĂïǰĔîÿŠüîìĊęÖĞćĀîéìčÖĀîšć ēé÷Ýą
ĕöŠóĉÝćøèćêøüÝĔĀšÙąĒîîëšćĕöŠđ×Ċ÷îǰßČęĂ-ÿÖčúǰǰđú×ðøąÝĞćêĆüǰǰĒúąđú×ìĊęîĆęÜÿĂï ĔîĒêŠúą
ĀîšćìĊęìĞć×šĂÿĂï 

5. ĕöŠĂîčâćêĔĀšîĞćđĂÖÿćøĒúąđÙøČęĂÜÙĞćîüèĔé ė đ×šćĀšĂÜÿĂïîĂÖÝćÖïĆêøðøąÝĞćêĆüîĆÖýċÖþć 
6. ĀšćöîĆÖýċÖþćîĞć×šĂÿĂïĂĂÖÝćÖĀšĂÜÿĂïēé÷đéĘé×ćé 
7. ĔîÖćøÿŠÜ×šĂÿĂïĒúąÖøąéćþÙĞćêĂïǰĔĀšĒ÷Ö×šĂÿĂïÿŠüîìĊęĀîċęÜĒúąÿŠüîìĊęÿĂÜĂĂÖÝćÖÖĆîǰ
ĒúąìĞćÖćøÿŠÜĔĀšÖøøöÖćøêćöìĊęÖĞćĀîé 

 
 
 
 
 
 

ÿŠüîìĊęÿĂÜ 
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ÖĞćĀîéĔĀš 3 2( , ) 39 6f x y y xy x y    ÝÜĀćÝčéüĉÖùê×ĂÜôŦÜÖŤßĆîǰĒúąǰĒÝÖĒÝÜüŠćÝčéüĉÖùêîĆĚîđðŨî
Ýčéÿčé×ĊéßîĉéĔéǰóøšĂöìĆĚÜĀćÙŠćÿčé×ĊéǰèǰÝčééĆÜÖúŠćü      (10 ÙąĒîî
 
 




